B3auMHO npocTH NOJUHOMMU

Omnpenesienue:
Hexa F e none u f(x), g(x) € F[x]. Kazsame, ue {(x) u g(x) ca 63aumno npocmu, axo Havi-eoremusm oouy
oenumen Ha f(X) u g(x) e Henyneea koncmaunma.

AKO eMH OT Hal-roJIeMHUTE OOIIM JENUTENIN € HEHYJIeBa KOHCTaHTa, MIOHEXE BCEKH JIPYT ce MoJydyaBa
OT TO3M C YMHOXXEHHE Ha HEHyJIeBa KOHcTaHTa, TO Bcekn HOJI Ha B3aMMHO NpOCTH TOJHUHOMHU €
HEHyJieBa KOHCTaHTa. [lopaau ToBa onmpeeieHHeTo 3a B3aUMHO MTPOCTH IMOJIMHOMH € KOPEKTHO.

Tebpaenne 1:

Hexa F e none. nonunomume f(x) u g(x) € F[x] ca 63aumno npocmu moeasa u camo moeasa, koeamo
cvwyecmsysam U(x),v(x) € F[x] makusa, ue

1 = f(x) u(x) + g(x) v(x) (*)

-BO:
Hexka f(x) u g(x) ca B3aumuo mpoctu. Torasa cemectByBa ¢ # 0, ¢ = const (HO/] 3a f(x) u g(x)) Takosa,
4e

¢ = f(x) wi(x) + g(x) i(x)

KaTO YMHOXXHUM C ¢! JIBETE CTPaHU Ha TOBA PaBEHCTBO TOJIy4YaBaMe )KEJIaHOTO paBEHCTBO (*) KbIETO
u(x)= ul(x)c'l u v(x)= Vl(x)c'l.

Jla mpeamnonokumM, e € U3IMBIHeHO paBeHCTBOTO (*). ToraBa Bceku oOmy menuren Ha f(X) n g(x) menu
CIMHUIIATA U CIICIOBATEIHO € HeHyJieBa KoHcTaHTa. [lopanu ToBa f(X) 1 g(X) ca B3aMMHO MPOCTH.

Axo f(x) u g(x) ca B3aumHO mipoctu 1ie numem (f(x), g(x)) =1

Tebpaenue 2:

Hexa 1(x) oenu g(x) h(x) u (f(x), g(x)) = 1. Tocasa f(x) deau h(x).
-BO:

(f(x), g(x)) =1 = 1 =1(x) u(x) + g(x) v(x).
KaTo YMHOKHUM JIBETE€ CTPAaHU Ha TOBa paBEHCTBO ¢ h(X) mosmyuyaBame

h(x) = f(x) u(x) h(x) + g(x) h(x) v(x)
OTKBAETO CTaBa sIcHO, 4e f(x) menu h(x).

Tebpaenne 3:

Hexka (f(x), fix))=1,1=1, .., s. Toecasa ({(x), fi(x), . ., fi{(x)) =1

-BO:
Nunyxkuusd no s.
baza s =2.

(fx), fix)) =1 =1 =1f(x) ui(x) + f1(x) vi(x)
(f(x), 2(x)) =1 = 1 = f(x) ua(x) + £2(x) va(x)

Karo yMHOXHM TE€31 paBEHCTBA [10JIy4aBaMe

1= [wi(x) uax) f(x) + wi(x) va(x) f2(x) + ua(x) vi(x) )] f(x) + (vi(x) v2(x))(f1(x) £2(x)).




3anucaHo Mo-KpaTko UMaMe

I =u(x) f(x) + v(x)(fi(x) f2(x)).
CwranacHo Teeprenuel nmame (f(x), fi(x), f2(x)) = 1o
Heka s >2

[Tomarame h(x) = fi(x).£2(x) . . . fs.1(x)
Ot unnyktuBHaTa xumnore3a umame (f(x), h(x)) = 1. [lonexe (f(x), fy(x)) = 1 ot Oazara cnensa

(f(x), h(x).£i(x)) = 1.

Ot TBbpaeHune3 no OYEeBUAECH HAYMH CIIE/IBA

TebpaeHue 4:
Aro (fi(x), gi(x)=1,1=1,.., k;j=1,..,s, mozasa (fi(x) . .. fi(x), gi(x) . .. g(x)) =1

[Tpunarame TBbpaeHue 4 3a f1(x) =. .. =f(X) = f(x) 1 gi1(x) =. . . = g(x) = g(x) u moxyyaBame

TBbpaenue 5:

Hexka (f(x), g(x)) = 1. Toraa (f*(x), g°(x)) = 1, 3a BceKu JIBE eCTECTBEHHU uncia k u s.

Hepa3aokuMu noJJHHOMM

Hexa Fenone uc € F, ¢ # 0 OT 04eBUIHNUTE paBEHCTBA
f(x) = c(c ' f(x)) = ¢ (c.f(x))

Craga sicHo, 4e ¢ u c.f(x) gensar f(x), 3a Besko ¢ € F, ¢ # 0.
c u c.f(x) ce Hapuuat HecoOCcTBeHH nenutenu Ha f(X)

OmnpeaesieHue:
Kaszeame, ue noaunomem f(x) € F[X] e mepaznoocum nao nonemo F,axo ca usnvinenmu cireonume
VCI08USL:

1) crf(x)>1

2) f(X) uma camo necobcmeenu oenumenu

Onpenenenue:
Hexa f(x) € F[x]. Kassame, ue f(x) e paznoscum nao F, axo f(x) = £1(x).f2(x), kpaero
fi1(x), f2(x) € F[x] u ct.fi(x) > 1, cT.fa(x) = 1.

Koncranture HHTO ca Pas3jioKuMu, HUTO Ca HCPA3JIOKHUMHU. Or OMMpCACIICHUCTO CJIcABa, Y€
CTCIICHTA Ha PasIO’)KMMUTE IMOJIMHOMHU € IIO-rojisiMa MW paBHA Ha 2. CJ'IG,Z[OBaTeHHO IIOJIMHOMUTE OT
II'bpBa CTCIICH Ca HCPA3JIOKUMHU.

HepasnoxumocTra ChIIECTBEHO 3aBUCH OT MOJIETO F.
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Tebpaenne 1:

Hexa F e none. Hexa f(x), g(x) € F[x] u f(x) e nepaznoocum nao F. Tocasa uru (f(x), g(x)) = 1, umw f(x)
oenu g(Xx).

-BO!

Hexka d(x) e HO/I na f(x) u g(x). Torasa d(x) nenu f(x). [Tonexe f(x) e Hepaznoxum, d(x) e HecoOCTBEeH
nenuten Ha f(x). [lopagu ToBa MMamMe ClIeHUTE JIBE Bb3MOKHOCTHU:

Cayuaii 1: d(x)=c,c#0,c € F = (f(x), g(x)) =1

Cayuaii 2: d(x) = c.f(x). [Torexe d(x) nemu g(x) umame g(x) = d(x).g1(x) = c.f(x).gi(x). CnemoBatenno
f(x) nemn g(x).

TBbpaeHue 2:
Hexa F e none u f(x), fi(x), . ., f(x) € F[x]. Axo f(x) e nepaznoscum nao F u {(x) denu npouzsedenuemo
f1(x) . . . fy(X), moeasa f(x) oenu nsaxoti om norunomume f1(x), . . , f5(x).
-BO:
Homnyckame mpotuBHoTo. ChritacHo Teepaenue 1 umame (f(x), fi(x))=1,1=1,.., k.

Karo npunoxum TBbpaeHue 3 3a B3aMMHO NIPOCTUTE MOJIMHOMU IOJy4YaBaM, ue
(fx), fi(x) ... f(x)) =1

KOCTO € IPOTUBOPCHUUC

Tebpaenue 3:

Hexa F e none, f(x)e F[x] u f(x) e nepaznoscum nao F. Axo ct.f(x) = 2, moeasa f(X) nama xopenu 6
nonemo F.

-BO:
Homnyckame, ue f(x) numa kopen Be F.
= f(x) = (x - p).g(x)

cT. f(x) > 2 m cT.g(x) > 1 = f(X) e pasnoxxkum Haf F - mpoTuBopeyrne




